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Abstract:

Reinforcement learning aims at maximising an external evaluative signal over a certain time horizon. If no
reward is available within the time horizon, the agent faces an autonomous learning task which can be used
to explore, to gather information, and to bootstrap particular learning behaviours. We discuss here how the
agent can use a current representation of the value, of its state and of the environment, in order to produce autonomous learning behaviour in the absence of a meaningful rewards. The family of methods that is introduced
here is open to further development and research in the field of reflexive reinforcement learning.

1

INTRODUCTION

Experimentation can be defined as “the process of
trying methods, activities etc. to discover what effect
they have” (Walter, 2008), and is an essential step in
the acquisition of knowledge. This learning criterion
implies that for effective learning of models, there is a
dichotomy present, in which an agent must act to reduce the prediction error of the model it is generating,
whilst also maximising the information gain it can obtain from the environment, that is to say, a learning
agent must both learn to accurately perceive the effects of its actions on the environment, but must also
aim to select actions with the intent of generating the
most information.
This dichotomy is another information centric representation of the exploration-exploitation dilemma,
and has attracted researchers from multiple disciplines following the publication of J.G. March in
1991 (March, 1991), with greatly cited publications
in neuroscience (Laureiro-Martı́nez et al., 2010), marketing (Prange and Schlegelmilch, 2009) and our
own, computer science (Sutton and Barto, 1999).
In many machine learning applications we consider a given function to be optimised. In autonomous
learning this is not necessarily the case. We here are
interested in an agent that has no specific goal, or indeed, is unable to obtain any information related to
the goal temporarily. In such an instance that a robot
is lost or unable to determine the goal, it should de-

fault to an intrinsic motivation to move to an area
where it can learn or be suitably located to perform
a task in the future, whilst still being adaptive to its
environment.
As such it is important to consider the value of
a state in a way that is not tied directly to some desired goal, but instead considers the most interesting
state as one which is most valuable. Such approaches
have been discussed as alternative to reinforcement
leaning, for example, in the theories of empowerment (Klyubin et al., 2005b) (see also Sect. 2.2), in
homeokinesis (Der and Martius, 2012) or in Friston’s
programme (Friston et al., 2006) to employ the free
energy to the same goal, as well as some studies that
have considered the self-referential aspect alongside
traditional reinforcement learning methods (Pathak
et al., 2017). All of these approaches have their own
weaknesses which include, immense computational
cost, limitation to low-level behaviours, or conceptual
relation to the explanandum, at least some of which
may be a necessary cost for the gain of autonomy of
the agent that relies on the resp. principle. We will
follow here a slightly different path.
The methods discussed in this paper are what we
here call Reflexive Reinforcement Learning (RRL)
and each have in common that the reward in a reinforcement learning task refers reflexively to the values that are built by the algorithm based on the reward. This is problematic but interesting for autonomous learning, as the agent can use its own learn381
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ing progress as a source of information. There are
three conditions that need to be observed:
• The information accumulated should be meaningful, i.e., the agent used the time when no goal or
target behaviour is to be followed for the acquisition of information that is likely to be useful later.
This can include the prediction of state transitions,
the discovery of critical states in the environment
(such as a doorway), or the improvement of the
consistency of the representation;

large part of RL research is related to function approximation techniques.
In this paper we use a traditional function approximation approach for state-action pairs
#
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• The learning progress needs to be stable. Information that is fed-back into the system can in principle lead to divergences of the value, which needs
to be avoided;

where Q(x, a) is updated by (Sutton and Barto, 1999)
with discount γ

• The representation needs to remain sensitive to
the introduction of any goal-related information.
E.g., if the agent that got “lost”, receives goal related information, the autonomous learning phase
should blend in smoothly and beneficially to the
standard learning task.

with learning rate α and the value is given by

The rest of this paper is organised as follows: After discussion of prior relevant work in Sect. 2, we
specify the reinforcement learning problem that we
are going to study, the theory underpinning the robotic
implementation, the algorithm that we used, as well
as a description of the experimental setup that was
utilised in Sect. 3. The results of the experiments are
provided and analysed also in Sect. 4, and the conclusions of the work and future work are given in Sect. 5.

2

BACKGROUND

2.1

Reinforcement Learning

For the current purpose it suffices to consider the basic
reinforcement learning (RL) algorithm (Sutton and
Barto, 2018). Given a finite Markov decision problem
(MDP), represented as a tuple, (X, x0 , A, R, P), where
X is a finite set of states with start state x0 , A a finite set of actions, and R is a function that assigns to
each state-action pair1 a number r (or a random variable with mean r) which provides a direct or delayed
(stochastic) evaluation of this pair.
The task is usually to maximise the expected, accumulative, discounted amount of this number which
means to choose the actions such that either now, or
soon, high values of r are incurred. This task can be
easily achieved if a function Q is known that contains
the information about the expected reward, so that a
1 or
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possibly to triplets: state, action and following state

∆Q(x, a) = α (rt + γV (xt+1 ) − Q(x, a))

V (xt+1 ) = max Q(xt+1 , a).
a

(3)

(4)

Because we essentially modify only the reward signal r, our approach can also be used with many other
RL algorithms.
We are interested here in extracting knowledge
from these values, which has been done related to
temporal fluctuations, but it becomes more interesting if spatial variations are considered because in
this way information directly related to the environment can be extracted, whereas temporal fluctuations
mainly provide information about the learning process (Herrmann and Der, 1995).

2.2 Empowerment
The concept of empowerment (Klyubin et al., 2005b)
is a way to express the value of a state without consideration of any goal-oriented behaviour. It can be understood as a quantification of an agent’s control over
its environment (Salge et al., 2014) and is a quantification of the freedom of choice of actions in combination with the level of reproducibility of an sequence of
actions. The aim is not to motivate exploration from
an agent, but instead to identify preferred states in an
environment that is already known. If the agent is
within the state st the n-step empowerment is defined
based on mutual information
En (st ) = max I (st+n ; at+n−1 , . . . , at )

(5)

π:s→a

so that the task is to find a policy for which the mutual
information between the next actions and the set of
states is maximal.
Empowerment usually requires full prior information as well as the evaluation of all possible time series and states to determine which state or states are
best for the agent to occupy over a given n-step time
horizon. In this sense it is quite similar to POMDPs.
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In the context of RL, this level of computational complexity appears unnecessary because the precise value
of En (5) is largely irrelevant, alternatively an approximation of the empowerment can be produced iteratively by considering the entropy gain per step E1 (st )
and then summing over the time horizon specified by
the RL discount factor γ.
∞

Eγ (st ) =

∑ γ t−t0 E1 (st )

(6)

t=t0

The concept of γ-empowerment introduced in Eq. 6
is similar in information provided, but not equivalent
to the original concept (5), because it does not have
a crisp time horizon, because it depends in the nonasymptotic case on the behaviour of the agent, and
also because it allows for different measures of the
local empowerment E1 (st ) as long as the tendency of
the agent to roam without restrictions is captured in
an appropriate way, see Sect. 3.1.

3

METHODS

where

H (x, a) = − ∑ p(x0 |x, a) log p(x0 |x, a).

(8)

x0

When prioritising the maximisation of γ-empowerment, the agent was rewarded
(
−1, if xt+1 = xt
R(x, a) =
(9)
0,
else
When prioritising the reduction of prediction error,
the agent was rewarded
(
1, if xt+1 = xt
R(x, a) =
(10)
0, else
When prioritising the visitation of corners, the agent
was rewarded
(
1, if s(xt+1 ) > 1
(11)
R(x, a) =
0, else
where s(x) ∈ [0, 1, 2] is the number of occupied adjacent squares in the 4-neighbourhood of the agent.

3.3 Environments
3.1

Actions and Policy

Each of the tested agents can move in any of the four
cardinal directions. The agent is unable to remain in
the same state, with the exception that if it attempts to
move into an obstacle or wall, its position will remain
unchanged. We also maintained a very high exploration rate, in the sense of an ε-greedy policy with
ε = 0.75 such that the agent will learn to plan ahead
as early as possible, because at this high level of randomness errors can often not be corrected in the next
or following steps.
As our aim here is mainly that of illustration if the
principle of Reflexive RL (RRL), we opted to use a
box function over the entire state action space rather
than a reduced number of basis functions, with a traditional ε-greedy policy; however, the approach will
work in such a space.

3.2

Rewards

Here we discuss the reward functions for the agent
across each of the tested approaches in order of appearance in the results section.
When prioritising the maximisation of entropy the
agent was rewarded
(
H (x, a) − 1, if collision
R(x, a) =
(7)
H (x, a) ,
else

Each of the environments were selected based on the
features they present. The empty arena was chosen as
the base case. The second environment (b) presents a
winding corridor which ends in a dead end, chosen to
observe the effects over corridors of varying size and
the effects of the surrounded end. Environment (c)
observes the effect of large obstacles in the state space
and the effects of irregular shapes on the algorithm.
The final environment, environment (d) consists
of a smaller room and a large room, chosen to observe the effects of differently sized regions of the
state space, and observe the value the agent places on
these objects. As the goal of the paper was to approach similarity with the concept of empowerment,
this was a useful environment for observing the agents
preference for different spaces in similarity to n-step
empowerment with small n.

3.4 Reflexive Reinforcement Learning
In the case of reflexive reinforcement learning, the
reflexive component informs state valuation through
standard reinforcement learning as seen in Eq. 3.
This additional component allows that we are able to
switch between a variety of different components for
different needs, as we will show in Sect. 4.
As seen in Fig. 1, the reflexive component will receive external rewards from the environment through
the observation of the state, and this adjusted reward
383
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considered an approach we here refer to as prediction error reduction, as complement of entropy and
γ-entropy, where the agent favours regions where features are visible.

4.1 Entropy
For the maximisation of entropy, we computed entropy directly and supplied this as a reward bonus to
the agent as seen in Eq. 7.
a

b

c

d

Figure 1: This diagram represents the function of the RRL
algorithm as utilised here.
Algorithm 1: Reflexive Reinforcement Learning.

Require: Reflexive policy πθr̂ (a|x) = p(a|x, θr̂ ),
with initial parameters θr̂ = θr̂0 .
Require: Task related policy πθr (a|x) = p(a|x, θr ),
with initial parameters θr = θr0 .
while e < E do
Draw starting state x0 ∼ p(x)
while t < T do
if r ≡ 0 {no task specific rewards} then
Draw action at ∼ πθr̂ (a|x) (RRL)
else
Draw action at ∼ πθr (a|x) (RL)
end if
Observe next state xt+1 ∼ p(xt+1 |xt , at )
Reflect: Observe rewards r̂t and rt
θr̂ + = α∇θr̂ log π(a|x)
θr + = α∇θr log π(a|x)
t ← t + 1 {time steps within episode}
end while
e ← e + 1 {continue to next episode}
end while
is used to inform the state valuation or valuations. In
this manner it is possible for the agent to continue to
receive information pertinent to potential tasks as it
maintains its motivation to explore the environment
through the different valuations during periods of no
task or when in a state where it is lost.

4

EXPERIMENTS

To observe the effects of the various maxims, each
agent was run for 107 episodes, each being 42 time
steps long. The reflexive reinforcement learning maxims we are here comparing the direct computation of
entropy, and a simplified alternative for entropy we
here call γ-empowerment. In addition to this, we also
384

Figure 2: These colour maps represent the value of the various arenas the agent was placed in when aiming to purely
maximise entropy, where there are 107 episodes, each being 42 time steps long, ε = 0.75, γ = 0.9, α = 0.1 . (a) is an
empty arena. (b) is a snaking obstacle. (c) has a triangular
obstacle with two corridors. (d) is an arena consisting of
two rooms, where the agent initialises in the smaller room.

Here we see that purely maximising entropy leads
to increased valuations of regions far from walls and
relative obstacles. In Fig. 2(b) we see a clear increase
in valuation as the agent moves away from either of
the “dead-end” regions, with the greatest value being
seen in the space on the right hand side, which allows
for greatest n-step access to the remainder of the environment.
Similarly in Fig. 2(d), the environment containing two different sized rooms, we observe that the
greater values in the respective rooms are toward the
centre, giving greater access to the remainder of the
environment; however, as can be noted, the restricted
region of the path between the two rooms also sees
a greater valuation than other restricted regions, as
this is the area that must be traversed to receive increased entropy. This is consistent with what is observed in empowerment (Klyubin et al., 2005b), par-
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ticularly the cases of the mazes where an agent is in
the state of greatest empowerment when it is not enclosed in walls, and over a defined n-step time horizon
can actualise the greatest number of future states from
the current state.

gradient between values, with much more distinct regions of increased empowerment, closer to what we
see in the entropy case.

4.2 γ-Empowerment

Another approach we considered is that of an agent
attempting to reduce prediction error. When an agent
is attempting to find a task, it will be essential for the
agent to be adequately localised to better enable the
finding of a goal or regions deemed to be interesting, as such it is common in SLAM approaches to use
walls and other fixed features of the environment to
localise, in this approach we consider an agent’s need
to find such features of the environment.

When using γ-Empowerment as the reflexive components, we calculated the reward to be provided to the
agent as in Eq. 9.
As remaining in the same state between time steps
is only possible in the case of colliding with an obstacle, and the high level of epsilon makes this much
more likely near corners or walls, we felt this was an
appropriate quantity to consider in consort with entropy and empowerment, since under this scheme an
agent should more highly value regions that provide
future freedom of movement, and as opposed to the
entropy case above, requires no calculation, and is
easy to work with on-policy.
a

c

4.3 Prediction Error Reduction

a

b

c

d

b

d
Figure 4: These colour maps represent the value of the various arenas the agent was placed in when being rewarded for
obtaining sensory values of obstacles or walls in the environment, with all parameters as in Fig. 2.

Figure 3: These colour maps represent the value of the various arenas the agent was placed in when aiming to purely
maximise γ-empowerment (6), with the obstacles, episodes,
episode length and parameters as in Fig. 2.

The resulting graphs can be seen in Fig. 3. Here
we see similar regions of high valuation, with significantly increased value in the surrounding regions.
This is consistent with what we would expect in an
empowerment case, though with a substantially increased value for n in the traditional case.
We would not expect such a high value directly up
to the wall regions, where in the maze variants seen in
Ref. (Klyubin et al., 2005b) paper there is a smoother

By simply rewarding the agent for remaining in
the same state in the following time steps, we are
able to consider these external, easily referable regions of the environment with a significant increase
in value. This approach has the benefit that it can
be implemented alongside traditional SLAM architecture (Thrun, 2002) so as to reward moving to easily
identifiable regions of the state space, and in future
work we intend to implement this, with the additional
rewards for correctly predicting the agents state.

4.4 Corner Favouring
Our final approach considered is that of corner favouring. When an agent is lost and attempting to find
385
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a task in noisy environments, corners offer regions
of significant information about location, and in dynamic environments these regions can typically be
considered to be “out of the way”. When considering the prediction error reduction case, we focused
on rewarding the agent simply by sensing anything in
any of the sensor directions, whereas here the focus is
on rewarding multiple sensor inputs, and as such, can
be considered to be moving to regions of significant
information.
a

b

c

d

Figure 5: These colour maps represent the value of the various arenas the agent was placed in when being rewarded
for obtaining multiple sensory values of obstacles or walls
in the environment, with all parameters as in Fig. 2.

By rewarding the agent with a small scalar reward
where multiple sensor inputs are engaged, as seen in
Eq.11, the agent highly values corner regions in the
state space in Fig. 5(a), (b), and (d). This also occurs in Fig. 5(c); however, here we also see a strict
favouring of the wall along the diagonal region of the
object, which is a feature of the discretisation of the
state space.

4.5

approach; however, we observe that the valuation remains very similar over the open regions with no
clear peak value in the environment, which may not
prove as useful to the goal of intrinsic motivation over
potentially dynamic environments as it shows a tendency to prefer vast regions in the state space, which
will make isolating the most interesting or free regions over a complex or dynamic space much more
unlikely.
Where reduction in prediction error and relocalising are key priorities for a lost agent, we can also consider employing our variants in Sect. 4.3 and Sect. 4.4
to move to regions at the edge of the state space,
where there may be less task dependent information,
yet the information is consistent and stable to relocalise and return to searching for task relevant information with a better understanding of where such information seen in the other variants can be found.
All of these variants here serve as a compliment to traditional reinforcement learning approaches
through the use of the reflexive component, and indeed, can also be considered in tandem with one another. An intrinsically motivated, agent should seek
out regions which are interesting or surprising as in
sections 4.1 and 4.2, where no task relevant information is available in these identified regions of interest,
the agent should return to regions where prediction
error can be minimised, and relocalisation is possible,
and the cycle should repeat, in a control system, perhaps after sufficient searching of the state space, the
agent should move to regions which have minimal impact on a potentially dynamic environment, such as a
corner, and wait to search again later.
Alternatively, we consider that if there is no task
dependent information available, a continually learning agent should seek out these surprising regions,
with the aim of learning more about the environment
and correcting the model, by more accurately learning
state transition probabilities, or learning about features present in these high interest subspaces, to better
perform tasks in the future when this information becomes available.

Remarks

5
Rewarding an agent based on entropy leads to valuation of states which is commensurate with what one
would expect in an empowerment approach, with the
benefit that it can be computed on policy, without the
necessity to exhaustively compute over all policies
and time series.
Similarly, considering the easier to compute γempowerment, we are able to obtain a valuation similar to what we would expect from an empowerment
386

DISCUSSION

5.1 Exploration Vs. Exploitation
The exploration-exploitation dilemma is not a solved
problem in any of the various domains that it has been
researched in. We presented here a use case for utilising entropy as a reward on its own or in conjunction with other rewards to highlight the best regions
available to an agent in an environment where there is
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no clear goal. In doing so we have found that these
regions which are considered highly valued are similar to those found in empowerment, where the agent
more highly values regions from which it is able to access a larger subset of the state space over any given
discrete time frame.
As opposed to having to create sophisticated models for task location, the use of entropy maximisation
may enable agents to find a task or location when lost
in a changing environment. In future work we intend
to consider the problem using actor-critic algorithms,
where the actor and critic use different state-action
value functions, and to employ this in a dynamic environment as well as in combination with a hierarchical
model (Smith et al., 2020) alongside other functions
or goals to study robotic self-motivation.

5.2

Bayesian Theory

The methods for self-supervised learning discussed
here in the context of RRL have a general form as
rewards in a reinforcement learning algorithm. This
view has been discussed a decade ago in contrast to
active inference (Friston et al., 2009), but recently it
was shown that the active inference can in integrated
with RL (Tschantz et al., 2020), such that it is an interesting question whether our reward-based approach
can also be integrated with the Bayesian view and act
as a prior for exploration in a general learning task.
Our approach can contribute also in the Bayesian
context an efficient estimation of informationtheoretical quantities such as shown here for entropy
or empowerment. The advantage would be the state
augmentation by a continuous entropy value is more
naturally realisable in a Bayesian approach, whereas
here it requires in principle a continuous state space
in order to guarantee Markovianity and thus convergence of the RL algorithm. In continuous problems,
where Markovianity cannot be exploited in the same
was as in grid world, this may be a less critical issue.

5.3

Intrinsic Motivation

The search for an intrinsic motivation for an agent to
perform any given task, develop new behaviours, or
learn its own embodiment is and take advantage of
that is a key task in the development of continually
learning, adaptable agents which are capable of working in highly dynamic environments. It is essential
that an agent is able to identify important or interesting regions in the sensorimotor space, both to learn
the model, or in fact learn a goal where no clear goal
is immediately visible.

Empowerment seeks to do this (Salge and Polani,
2017) by defining an empirical measure which can be
performed over the state-action space to definitively
state the best possible states for an agent to be in to
have sufficient future degrees of freedom. This valuable concept is unfortunately subject to the curse of
dimensionality, and as such, other approaches to estimating empowerment have been sought (Zhao et al.,
2019). We believe that we have shown that entropy
maximisation allows for an agent to approximate such
a position utilising an on-policy approach over varying environments, by instead considering more interesting or surprising regions of the state space to be the
most valuable. This can more concisely be thought
of as a form of information empowerment, where, as
opposed to the mantra “All else being equal, be empowered” (Klyubin et al., 2005a), we consider that
perhaps the notion in a adaptive learning agent should
be “all else being equal, be interesting”.

5.4 Applications
We believe that RRL has a variety of potential applications in terms of control architecture for an autonomous agents, as well as less lofty pursuits. As we
see in Fig. 2 and Fig. 3, the agent shows highlighted
regions of preference around the obstacles, preferring
to avoid walls and obstructions. We believe there is
potential here to consider the notion of “curiosity path
planning”, where an agent plans the route on the basis
of interesting regions within a known environment to
better learn about, or be available for future tasks.
The full potential of RRL will become available
only if the methods discussed here are incorporated
into a more general framework that includes continuous state and action spaces as well as higher-order
reflexion. A very promising option to enable RRL in
a wider range of contexts appears to be a combination
with inverse reinforcement learning (Ng and Russell,
2000), where the agent derives a reflexive reward signal from the performance of a parallel inverse learner.
A detailed discussion of this approach is beyond the
scope of this paper and is subject of current research.

6

CONCLUSION

Reflexive reinforcement learning (RRL) is a new direction in machine learning. It is based on the observation that in learning problem where no direct gradient can be used in order to adapt to a particular, the
representation of information from the environment
(such as state information or evaluative information)
requires not only guiding principles (such as smooth387
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ness, consistency and locality), but also provides information that can be used to decide about the actions
of an agent.
The advantage of reflexive reinforcement learning is that an agent can learn even in the absence of an evaluative signal (reward and punishment), it can bootstrap elementary actions (as in
homeokinesis (Der and Martius, 2012)) or can learn
about options in the environment (as in empowerment (Klyubin et al., 2005b)), and obtain more meaningful and generalisable representations (see (Smith
and Herrmann, 2019)).
The unavoidable difficulty in reflexive reinforcement learning consists in the fact that the use of quantities that are eventually based on the reward as a reward, introduces a feedback loop which can lead to
instabilities or divergences. This is not unknown in
RL, where e.g., an often visited source of low reward can dominate a better source of reward that is
rarely found, or in cases where correlations among
basis functions lead to divergences as notice already
in Ref. (Baird, 1995).
In RRL such feedback is even more typical, but
can also be used to introduce structure the state space
by self-organised pattern formation or to identify hierarchical relationships as will be studied in future.
In order to keep the effects of self-referentiality under
control and to make use of their potential a dynamical
systems theory of reinforcement learning is required
that does not only consider the agent as a dynamical
system, but the full interactive system formed by the
agent, its environment and its internal representations.
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